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A. NOI DUNG
I.  Phép tinh vi phin ham nhiéu bién va ing dung:
1.1 Pao ham riéng, dao ham cua ham sé hop.
Str dung cac cong thirc:
1) Cho z=f(u,v), u=u(x,y), v=v(X,y)

of of 6u+6f ov

Ox Oudx Ov ox

of of ou b of ov

oy Oudy ovoy

2) Cho z=f(u,v), u=u(x), v=v(x)
dz _of du_t;afdv

dx  Oudx  Ov dx
3) Cho z=f(x,y), y=y(X) -
&z _of of dy

dx 8x Oy dx

1.2 Ung dung vi phén tinh gin ding.

1.3 Tim cuc tri khong didu kién ctia ham 2 bién.
II.  Tich phin kép

1.1 Tich phan kép trong toa d6 Dé cac.

1.2 Tich phan kép trong toa do cuc.

[II: Phwong trinh vi phan

1.1 Phuong trinh tach bién.

1.2 Phuong trinh tuyén tinh c4p 1.

B. BAI TAP I
I. Phep tinh vi phén va img dung
1.1 Pao ham cua ham s6 hop:




L
15. Duing quy tic 14y dao ham clia him s6 hop, tinh -(-E ;

3 =
a)z=u +v3,trongdé'u:x v=1-¢";
b)z= uvl + vz, trong d6u=xe ', Vv=cosx :

c)zmln(u+v2),trongdéu= V4 x, v= l+\/;.

16. Dung quy tic Idy dao ham ciia ham s6 hop, tinh <

& -
ox’ Oy
a)z= ugsinv, trong dé u = xZ + yz,._ N =2XY ;

b) z = sinucosy, trong dé u = (x - y)z, v=xio yz '
c)z= i = 3u2v3, trong déu=xe’, v=xe ’;
d) z = arctg(uv), trong d6 u = X%, v=xe;

- 3 .
e)z=e"""" trong d6 u = x’y, v = xy*.




1.2Ung dung vi phan toan phén tinh gan ding:
a)\9.(1,95)> + (8,1)°

p)lIn| (0,09)" +(0,99)"|
O5.()%7 +(2,03)?
4)0.98.4(1,05)'
e)\(5,95)° E 8,1y

1.3Tim cuc tri-ham 2 bién

a)z=x"+y" +3xy-3x-6y

b)z=x*+y* —2Inx—18Iny(x >0,y > 0)
z=x"+y +4x-2y+8

Dz=2x"+y" +2xp+2x+2y
e)z=x"+y*=2Tx+2y

flz=x+y—xe’

1 x . ¥
2)z=—xy+(47—-x—y)(=—+=
g) e ( Jf)(3 3)

Il. Tich phan kép
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9. ”r sinpdrdg vdi D 1a mién xdc dinh bdi - ¢
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1 -Tinh cac tich phan kép

23
JJ@ —x? :l:iydx
a)

ey

. & N
" } Jé‘ dxdy

s x
J J‘x sin ydydx
<)

1 %5

J J ve™ dxdy
d)

2-Tinh cac tich phan kép

' L|(4x+ 2)dxdy
a) .D:Oﬂ'x:;Z:inyi.‘{x
";15(1 — 6xy” :l:ixa'y'
b) ; 1

:0Ex<2-1<yg

jﬁplnxdxab’ -
c) Dixy=lLy=¥%.x=2
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Tinh tich phan kép: = H(x +2y)dxdy v6i D 1a hinh chit nhat:

D
0<x<1
2 b
0<y<2
4,

g<xx}
Tinh : 7 = [[(3x" + 2y )dvdy v6i D 1 hinh chir nhatD:y
D 0<y<2

5.

0<x
Tinh tich phan kép: 7 = [[(3x +4)dxdy v6i D 1a hinh chit nhat: D: {
D

2
2EYES

|/\ I/\

6. Tinh TP
2 1 _
DI = [dy [ +2y)dx
0 0

2 X 3
2)1 = [dx [
1 I/x

1 Jx
I = J.dx j(x2y+4y3)dx
0 X

Tich phan kép trong toa do cuc:




1)” = dxd) {(x,y)eR2 |x2+y2§a2;x20;y20}.

—x°

2)"«/1—x —y*dxdy; D {xy &R |x +y? <1}
D

3) "%'Dz{(x,y)eRz |x2+y231.;x2+y2£4}
& ey

4) ::ef”:dxdy;D: {(x,y) e R {xz +y* < Rz}
D

5) [[yx> + yrdxdy; D={(x,y) eR* |x*+y" <R*x20;y>0)
D

6) :ln(x2 + 3 )dxdy; D = {(x,y] eR’ |x2 +y*<e’xt +yt < 84}
D

III. Phwong trinh vi phan

- 1. Giai céc phuong trinh bién s6 phan ly ;

1) x(1 + yz)zdx +y(1 + xz)zdy =4 2) (xz Y1 =2y

2 2, ; |
0 3 (x"-yxy +y2+xy2=0; 4)(x~y2x)dx+(y—x2y)d}*=0;

J)ydx = (X2 - az)dy.
2.Pt bién phan ly:
a)1+x)ydx+x(1-y)dy =0

bY1+e*)y.y' =e*, y(0)=1
)1+x)dy+x(1+y*)dx =0
d)xy.y =1=x"
e)y’ .y =1=2x
NE=x"y)y' +y* +xp* =0
g)1—=x)dy - ydx =0, y(0) =1

: 1
Wxy'+y=y°, (1) e




3. Phuwong trinh tuyén tinh cap 1

)y =2xy=x
Dx*+1D)y +xy =1
§ 2
Ny +—y=—

X %

2

4)y' +2xy =xe™"

—sinx

5)y'+ ycosx=e

0)y' — 1 y=xInx;y(e)=0,5¢’
xInx
; ' 1 2-
Ny -——y=x
b
8)y'+y=4x
N+ 1y =2y = (x*+1)°
i) v 1
10)y ———p=Lx+1) 5 y(0)=—
x+1 2
Bosung. '

Giai phuong trinh vi phan bién phan ly:
(x2+l)dx —ydy=0

(x> +1)dx—(y +Ddy =0
(x2 + l)dx = Xy




